In this note a question posed by J. D. Bryant and L. F. Guseman, Jr. is answered. It is shown that for dense subsets of finite dimensional Banach spaces, the iterative test being conclusive and the contractive extension property are not equivalent. If (X, d) is a complete locally compact and chainable-metric space, a characterization of these dense subsets for which the iterative test is conclusive is given.
One can easily think of examples such that the only point x0 which has a convergent subsequence of iterates is the fixed point itself. Following Nadler [4] , we use the following terminology: The iterative test (for contractive maps) ii conclusive for (X, d) if and only if for any contractive self-map/, the existence of an x in I such that {/"(x)} contains no convergent subsequence allows one to conclude that / has no fixed point. Bryant and Guseman [1] have the following definitions: If D is a dense subset of a metric space X for which each contractive self-map of D has a contractive extension to all of X, then D is said to have the contractive extension property; a subset A of a linear space X is called line segment dense if for each x, y in X any line segment (in A1) joining x and y contains a point of A distinct from x and y; a subset 5 of a metric space (X, d) is said to be metric segment dense if for each x, y in X, there exists a z in S such that d(x, z)+d(z, y)=d(x, y).
For dense subsets of finite dimensional Banach spaces, Nadler [2] shows that line segment dense implies the contractive extension property which implies that the iterative test is conclusive. Bryant and Guseman [1] have shown that being line segment dense and having the iterative test conclusive are not equivalent and show that being metric segment dense implies the contractive extension property. They pose the following (for dense subsets of finite dimensional Banach spaces) :
Is the contractive extension property equivalent to the property that the iterative test is conclusive?
The purpose of this note is to answer this question and to provide a characterization of these dense subsets for which the iterative test is conclusive. We shall need the following results of Meyers [3] . Assume D has the RCEP. Let/be a contractive self-map on D with fixed point x0. Then the extension g:(X, d)-^-(X, d) exists and is nonexpansive. By hypothesis, given X in (0, 1), there exists a metric d0 equivalent to d such that g is a d0 contraction map on X. Since (X, d0) is complete, we have by the Banach contraction mapping theorem that {g"(x)}->-x0 (with respect to d0 and thus with respect to d) for each x in X; in particular, {/"(*)} converges to x0 for each x in D and the sufficiency is established. To verify the necessity, let/: D->D be a contractive map with fixed point x0 in D. Since/is uniformly continuous and X is complete, the nonexpansive extension g is a self-map of X. Ifxe X~D then, for any sequence {xn} c D converging to x, g(x) = lim /(xJ. Since the iterative test is conclusive for D, {gk(x)} converges to x0 for each x in X; indeed, let £>0, there exists a positive integer N such that d(x, xv)<e/2 for each n^.N. The iterative test being conclusive for D insures the existence of a positive integer k=k(xx) such that d(x0, fk(xx))<e¡2; whence,
Hence gk(x)-*-x0 for each x in X and g is seen to satisfy the conditions of Corollary 1. Thus for Ain (0, 1) there exists a metric dk equivalent tod such that g is a X-¿/¿-contraction and D has the RCEP.
Example 3. Let X be the plane with the metric induced by the usual Euclidean norm and define A = {(x, y) e X:y=0}. X and X~A satisfy the hypothesis of Theorem 2 and thus the iterative test is conclusive. Note also that A"~vl is not metric segment dense (therefore not line segment dense). By Theorem 3, X'-'A has the remetrization contractive extension property. To see that X~A does not have the contractive extension property we define a function which is a restriction of a function defined by Nadler [4, Example 3] . Let (a, b) e X~A. If a^O, define r(a, b) = {(x, y) e XÃ :y=(2b¡d)x -b and sign(j) = sign(6)} and let r(a, b) be the j-axis if a=0.
Then for any (x, y) e X~A, (x, y) is contained in a unique element r(a0, b0). We define f(x, y) to be the point in r(a0, b0) with second coordinate y¡2. Then f:X~A->X~A is contractive but the extension g of / is not; in fact, each point of A is seen to be a fixed point of g. Hence the contractive extension property and the iterative test being conclusive are not equivalent for dense subsets of finite dimensional Banach spaces.
